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On conditional expectation and Lp -spaces

Recalling the propositions

For a random variable x s .+ XE4(12
,
F
, IP) we have

to show that the map X -> E(XIG) is a bounded

linear map from LP/R ,F , /P)-> LP)2 ,G, IP) ·

(i) Linearity :

consider two w . V X
,
Y EL (1

,
F
,
IP) and scalars a

,
bEIR

then
,

(aX + bY) -> E(aXtbY/G)
= a((X(G) + bIE)YIG))

(By linearity of IE ,
see

prop 3 . 1 .3 (1)]

ie (aX +bY) & al(X(G) + bE(Y(G)




