AL Kafi Mudasin - 002301738
Frevcise 3.2.0° Let §Fdyev be o filtrpation on & P‘ﬂ’ol’ﬂl"il"% S‘OM&C%?»"’)

oo led X ke o univiniade viandons vawiable o A ki sqace . Set Xe'=EXF)

Showw that (L, EP, @t)t—m’, X eladl wmomlin%ale.

foe this peoof, we take He vecessany ou»stc_m(?hov‘ thot E(IX) <0

Now, E(Xel) = EWECFOD < EEWXIR)) [Ruwp. 2.13.09]

= EQX) <=0 [€4.23.1.67
X el (L P
Fon oy s<twe have Xo=BXIER),
Mso, Fo C Fi decowding ko dofinition of  fil faMon.
LEEIDIE) = BAT.) . [Rep 303.0)]

PR )= X, Vsxk

2 C.Q./CF, P/Cyt).ge’j’/ th)te—v) 1% ogr mow‘%maale.




Exercise 2,23 Comwider YN gnd a sequence (v )yt of i*"‘lér@““k“‘} and 1
eea| W\weé W&\v\clom \fouaiab\@s sa\hsggﬁv\g EEQ(’“)'»“O, 9@/’* N :géjxd , Shaw Hhot

CY’A)aéN and the natweal fillvation detine a mava)rinaale

v this proof, we. tale the vecessany onswmption thod- ElXal) <00 such oo
BN > B (1 XXt 4 Xl) 2 B Malk 4 nl) = EQGD) ARG E(Xl) <00,
Then, Yn € 'L EP) K ]
Nahaoallg N is adapled 4o Fa the noduoal §ilvadion associated with Yn.
Moneover, () con’r;dn& the cumulodive, tdon madion "’f’h S Cxw) a% @@H.‘M %.he;
infepmadion in §(¥an) by defivition T the yandom vectors (4 No ., N avd
(X, %a,.. . %) ordnin the came informadicn and ave adapted o gme £ Ipatio
Now, Vi<, B0 1 Fon) 7 Bl Fo 1 Eomes | For) 1.+ ECX Forn)

= You - E ) . .t EOM) [Roop, 2022 8(6)]

2 X4 04 £0 =X
2 E (alFa) = Yo Vomsn
A dmen with maunal filhoation defines ot mantingale.




